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From Minkowski’ s lemma on linear forms (see (1), p. 36) the following assertion
obviously follows:

Lemma. Whatever three real numbers wy,wq,ws we take, there exists an infinite
number of solutions in integers of the system of inequalities

1 1
lwyz —y| < —=, lwo + w3y — 2| < —=.

NE N
With the help of the device set forth in the book (2), p. 24, the assertion of the
lemma can be strengthened.

Lemma. Whatever three real numbers wy,wq,ws we take, there exists an infinite
number of solutions in integers of the system of inequalities

lwyz —y| <

2
— 3'\/57
We shall call a system of three real numbers w;,wsy,ws K-supernormal if, for
every € > 0, the system of inequalities

2
Woll + way — 2| < ——.
lwox + w3y |_3\/E

lzw, —y| < |zwy + yws — 2| <

€ €
V! VT
has an infinite number of solutions in integers. We shall call a system of numbers
Wy, Wy, ws K-normal if it is not K-supernormal.

Theorem 1. If for a system of three numbers wy,wqy,ws one can find three
integers CC(lo) #0, x(QO), xéo) such that
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.Z'<10) (wyws + wy) + xg])wl + xg)> =0,

then the system of numbers wy,w,,ws is K-supernormal.

Theorem 2. Let 0 be a real irrationality of degree three, w; = 6, wy any real
number, wy = 0% —w40. The system of numbers wy,ws,ws is a K-normal system
of numbers.

In this circle of ideas there also lies the following metric theorem.

Theorem 3. Consider the system of Diophantine inequalities

|z —y| <

1)

|wa + wsy — 2| <

c c
Vzln'z’ Vzin'z

If v > 1/2 (strictly), then the measure of the set of points (wq,ws,ws) of the unit
cube for which inequality (1) has an infinite number of solutions in integers is
equal to zero. If 0 <~y < 1/2, then the measure of the set of points (wy,wsy,ws)
of the unit cube for which inequality (1) has an infinite number of solutions in
integers is equal to one.
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